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G locally compact totally
disconnected gp

e.g Glatt ) Fi non arch
.

local
.

All repns are smooth ,
Vis smooth tutti

Z k open
set gv=v tgek .

Let HEG closed subgp

( w , p ) a repn of ftp.H-GLCW )

Defy compact induction

C- Ind W =L fi 4- → w f- Chg) =p Ch) fig )

Z k open St flgk ) = fig ) t KEK get

suppf is apt in 1¥ ) G - arts by

right translations
.

- This is the left adjoint to Restriction
.

- Ind w i same except drop compact condition
.

Ind w is right adjoint to Res
.



* H parabolic → parabolic induction ②

H apt modulo center → cuspidate .

EI W -

-

trivial repn K - open subgp

( c - Ind # w )k = { fi HLCYK → a }

" " often infinite
e- f. GIGGED

infinite dime H -

- K - GLNIOFI
.

Repin AG
Det V is admissible if t apt open subgpk

dim Vk co
. ( finiteness condition )

Theorem G -

- GIF) G red IF F. monarch .

- local
.

Smooth

Then every irreducible
~ repn is admissible

.

Exercise G=Sh H -

- Iwahori -

- Haddy
a'
big'dIOFmg

ad - bet
.

X : H → ex

T C- Ind
,
# X is not

G *
( OHM) " admissible

.Taind
maxcpt Kt

-

- 04M
.[

Find

" F)

covers inducing principal series repn

Iwahori slzlkfl → Skf OFI → G



③
Repn of Glzlhtt

→ principal series i Indi ( summand s)

Cuspidals :
dim -

- 2+1 come from characters

✓
"

= { of 4=(1-4)
of non - split torus

.

THE ↳ GLEE)

Thin Let w be a cuspidor rep of Ghz ( KH

¥9 consider Was a repn of G !yHH→GkkH

K

For any extension of W of Z.KZ -

- centerfold

c- Ind #k w is irreducible & cuspidate

( depth zero ) cInd¥kW

tf let Yc C- Indziiw be a nonzero submod
.

OF HOMELY
,

c- INDIE w ) E Home
,
CY

,
Inda

.tw/--HomzfY
,
w )



K pro finite t Z central ④

⇒ Y is semisimple over 2- K

Y has a copy of W .

Are there any copies of W in c- Indzciiw ?

yes , fns supported on Zk
.

→ This copy generates c- INDEIW
.

God show there is only one copy of W in

Caszkrepn)

C- Indziw .

This :

Hom ( W ,
c- India w ) ± End Cc - Ind #hw)

Zk
( if c- Ind irr ,

Sahar's
11

{ f : a → wlflkigkz ) lemma says End

=P lkitfcg) pika) k
, ,kztkZ ) is f- dime)

A double coset kgk supports such a nonzero function

⇐ Hom Kosak
( W ' , w) to



Def get intertwines W if ⑤

Homkgnk ( WS , w) to

G- red .

Thin if ( g intertwines w ⇒ SEKI

then c- Ind Ek W is irr
.

& cuspidal

-

Find l matrix weff . of c- Ind w with apt support
mod
center

thrall
matrix aeff have compact support

cuspid al .

-

Gh w cusp repn of KZ k=GLzCOF)

KZGVKZ ± IN

A uniform . ( F
"

Oz) et n

g -

- ( Inoa ) net .

Hnk 2 UHH 't

when restricted to HOH ,
W

'
is trivial

W has no UCO 't) - invariants as it is cuspidor .



This constructs depth zero repns .

⑥

groups in general
( higher depth )

IX kN Eff quadratic

kn . congruent subgp .


